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Introduction
The key step in proving the Lavrentieff Theorem [10, 4. In [6] the following characterizations of -spaces andČech-complete spaces with G δ -diagonals were proved.
Theorem 1.1.
In the paper we will show that even for a -space (aČech-complete space, a locally compact space) without a G δ -diagonal we still can find a nice extension on a -embedded subset (resp., a G δ -subset, an open subset) containing A. Using the Selection Theorem for minimal usco maps in [12] , we prove the following result.
Theorem 1.2.
A completely regular space Y is a -space (Čech- 
Preliminaries
Let X and Y be topological spaces. Following [9] the term map is reserved for set-valued mappings. Let F : X → Y be a (set-valued) map. The function F is said to be upper semi-continuous at ∈ X if for every open set V containing F ( ) there exists a neighborhood U of such that
The function F is upper semi-continuous if it is upper semi-continuous at every ∈ X . Following Christensen [8] we say, that F is usco if it is upper semi-continuous with nonempty compact values. We denote by Gr F the graph of F :
Of course, the relation ⊂ is a partial order relation in the family of (set-valued) maps, and we may consider minimal elements with respect to this relation. Thus a map F is a minimal usco map [9] if it is usco and does not contain properly any other usco map. Interesting results concerning minimal usco maps were established by Drewnowski and Labuda in the paper [9] .
In [12] the following useful characterization of minimal usco maps is given. • F is a minimal usco map;
• there is a quasicontinuous, subcontinuous selection of F such that Gr = Gr F ;
• every selection of F is quasicontinuous, subcontinuous and Gr = Gr F .
We say that a function : X → Y is subcontinuous [3] at ∈ X if for every net ( σ ) in X converging to , there is a convergent subnet of ( ( σ )). A function is subcontinuous if it is subcontinuous at every point of X .
A function : X → Y is called quasicontinuous [16] at ∈ X if for every open neighborhood V of ( ) and every open neighborhood U of there is a nonempty open set W ⊂ U such that (W ) ⊂ V . If is quasicontinuous at every point of X , we say that is quasicontinuous. The notion of quasicontinuity was perhaps for the first time used by Baire in [2] in the study of points of continuity of separately continuous functions. Baire indicated there that the condition of quasicontinuity was suggested by Vito Volterra. There is a rich literature concerning quasicontinuity (see, for instance [4, 5, 13, 14, 17, 18] ).
Extension theorems
Let Y be a completely regular space and βY be theČech-Stone compactification of Y . Let X be a topological space and A be a dense subset of X . Let : A → Y be a continuous function. Define the set-valued mapping F : X → βY as Ľ . Holá follows:
Lemma 3.1.
The function F : X → βY is a minimal usco map (from X to βY ) which extends , i.e., F ( ) = { ( )} for every ∈ A.
Proof. It is well known that every set-valued mapping with a closed graph and values in a compact space is upper semicontinuous. Since A is dense in X , F ( ) = ∅ for every ∈ X . We prove that F ( ) = { ( )} for every ∈ A. Let ∈ A and suppose there is ∈ F ( ) such that = ( ), then there are two disjoint open sets U V in βY such that ∈ U and ( ) ∈ V . Since : A → βY is continuous, there is an open set G in X such that ∈ G and (G ∩ A) ⊂ V .
It is easy to verify that F is a minimal usco map from X to βY . Suppose there is a usco map H : X → βY such that the graph Gr H of H is properly contained in the graph Gr
Lemma 3.2.

Let M be a subset of X containing A such that F ( ) ⊂ Y for every ∈ M. There is a quasicontinuous subcontinuous extension *
: M → Y of continuous at every point of A. 
Proof. It is easy to verify that F M : M → Y is a minimal usco map (from
Theorem 3.6 ([14]).
Let X be a topological space and Y be a weakly developable space. Let : X → Y be a function. Then the set C ( ) of points of continuity of is a G δ -set in X .
Note that by a result of [1] a completely regular space is weakly developable if and only if it is a -space with a G δ -diagonal.
Remark 3.7.
Putting together Lemmas 3.3, 3.5 and Theorem 3.6 we obtain the "⇒" part of Theorem 1.1 (see also [11] ).
Proof. The result concerning Y , which isČech-complete with a G δ -diagonal is trivial. Now suppose that Y is a -space with a G δ -diagonal, X is a topological space and A is a dense set in X . Let : A → Y be continuous. By The function cannot be extended continuously to any point ( 0) of X where = . Since ∆ is not a G δ -set in Y 2 , A cannot be a G δ -set in X , however A is a residual set in X (Y 2 × {0} is nowhere dense). It is very easy to verify that has a quasicontinuous extension to all X .
Continuous extension on a residual set
